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ing elementary singularities can be derived from a curve with higher singularity, for which the Pliicker and deficiency equations are the same, has been studied by A. Brill.
Pliicker's greatest service consisted in the introduction of the straight line as a space element. The principle of duality had led him to introduce, besides the point in the plane, the straight line, and in space the plane as a determining element. Pliicker also used in space the straight line for the systematic generation of geometric figures. His first works in this direction were laid before the Royal Society in London in 1865. They contained theorems on complexes, congruences, and ruled surfaces with some indications of the method of proof. The further development appeared in 1868 as Neue Geometric des Raumes^ ge-griindet auf die Betrachtung der geraden Linie ah Raum-element. Pliicker had himself made a study of linear complexes but his completion of the theory of complexes of the second degree was interrupted by death. Further extension of the theory of complexes was made by F. Klein.
The results contained in Plucker's last work have thrown a flood of light upon the difference between plane and solid geometry. The curved line of the plane appears as a simply infinite system either of points or of straight lines; in space the curve may be regarded as a simply infinite system of points, straight lines or planes; but from another point of view this